3ama4da 1, aHaJIM3 COOCTBEHHBIX YHCEJT

Jana maTpuiia
2 a
-1 -1

A =
1. Kaxoe MaKCHMaJIbHOE X MHHIMAJIBHOE 3HAUEHIE MOZKET IPHHAMATD L Ax
npu ||z|| =17

2. TIpu KaKOM @ PA3HUILA MEXKJIy STUMHU 3HaYeHusiMu MuauMaibuo? Ipu ka-
KOM @ OTHOIIIEHHE ITUX BEJIUIMH MUHUMAIHLHO?

3. TIpu KakOM a MUHHMAJbHOE 3HadYeHne MakcumaabHo? IIpm KakoMm a Max-
CAMAaJIbHOE 3Ha4YEeHUEe MUHUMAJLHO?

Pemenne

Jis magasa 3aMeTuM, 9TO

1
w7 Ax = (2T Ax)T = 2T AT = 2T (A + ATz

2
O6o3uaunm b = “T’l u B+ %(A + AT). Marpuna B cumMmeTpudHa U WMeeT
CJIeYIOIIUi BAJ,
2 b
A =
b -1

Tak kax B cuMmMeTpudHa, TO CyIIECTBYET OPTOTOHAJIBHBIN OA3UC, COCTOAIINI U3
CcOOCTBEHHBIX BEKTOPOB B, 0003HAYMHUM 3TH BEKTOPA U1 U Uz M COOTBETCTBEHHDLIE
cOOCTBEHHBIE 3HAYEHUST A1 U Ao, TOI/IA JIIOOOI BEKTOD & MPEACTABJISIETCS B BUIE
T = (V1 + U2, & 3HAYUT

iETBfE = (Olﬂ)l + agvz)TB(alvl + 0[2’02) = (Ckl’l]l + Clz’l)g)T(Oél)\l'Ul + 0[2)\202)
= aihil[or|]? + a3 A2|[va| .
He ymanss obipocTH MOXKHO CYUTATH, 9TO0 A\ < Ay U Torza upwu ||z|| =1
A= Mz]|* < afxllon]]? + aZ 2| [va| I < Agflz|* = Mg

TakuM 06pa3oM HamMeHbIee 3uadenue & Ax — A, Hanbombimee — Ao. Haxommm
A1, A2 KaK KOPHM XapaKTEPUCTUIECKOTO MHOTOUICHA:

0=2-t)(-1—-t)—b*=t>—t—b*-2

14+ /14402 +2)
2

14+4/14+4(b2+2) 1—+/14+4(2+2)

3HAYUT HAMOOJIbIIEe 3HAYEHUNE — 3 , & HaMMEHbIIEe — 3

1—/1+4(p2+2)
2

A2 =

Haubosbuiee 3uattenune s nocruraercst mpu b = 0 (a = 1) n



14++4/1+4(62+2)
—Y—5——— TaK¥XKe JOCTUTAETCA MpPU

b = 0 u pasuo 2. Hanmenbmasg pa3nocts — 3, HaUMeEHbIIEe 3HAYEHUE i‘—f ecThb

paBHO —1, HamMeHbITIee 3HAYEHUE IS

—0Q.

3ama4ga 2, MHTEPOOJANnud W HaWIydIliee MpuoJin-
>KkeHUe B L?

Jan Habop TOYEK Ha, MIOCKOCTH:

0
3

1
0

2
-1

3
2

xT

Y

(a) Haiitu njuddepenuupyemyio dyukuuio f : R — R, rpaduk koropoii mpo-
XOIUT TIO STUM TOYKAM

. 4
(b) Haittn kBazparnunyio GyHKINIO ¢ TaKyIo, YTO BeIHIuHA y , 1 |g(x)) —
yk|? MunuMabHA.

(c) Haiiru xBagpaTnanyo GyHKIUIO I TaKylo, YTO BbIPAsKEHUE

3
/(ﬂm—h@»%x
0
MHUHUMAJIBHO, rae f — Hajijennas K myHkry (a) GyHKums.

Pemienne

IMyukr (a) — unrepuonsiuus. CooTBercTBYOLLYI0 QYHKIUIO MOXKHO LIOCTPOUTH B
BHUJIE€ MHOT'OYJIEHA CTEIIEeHU 3 MHOFO‘IJIQHBI ﬂan&H)Ka JJIA 9TUX TOYEK BBITJIA-
JAT CJIEIYIONM 00pa3oM

1 11 1
Pl(x)z—g(x—l)(at—Z)(x—S) :1_Fx+m2_6x3
P(m)—lx(x—Z)(x—S) —+3x—§x2+1x3

T - 2" T2
Py(r) = (e~ Dz~ ) =St - o
3(Tr) = 21‘ T x = 21‘ €T 23;
1 1 1 1
Py(x) = 61’(73_1)(35_2) :§x—§x2+6x3
10 1
fla) =3~ o+ a2’

3 3

[yuxr (b): o6ozuaunm g(z, a, b, ¢) = ar?>+br+cu ¢(a, b, c) = Zizl(g(ack, a,b,c)—
yr)?, Toraa A MuHUMYMa DYHKIIUU ¢ BBITIOTHSAETCS

0= ¢a(a,b,¢) = dy(a,b,c) = ¢.(a, b, c).



OrmMerum, 4ro ¢ — KBagparudHas (QyHKIMs U, COOTBETCTBEHHO, €€ YaCTHBIE
MPOM3BOIHbIE — JIMHEHHbIE (DYHKIINU, OTCIONA, ypaBHerue V¢ = 03 3amaer jm-
HeHHYIO CHCTeMy ypaBHeHHH 3 X 3.

4 6 14 c 4
6 14 36 b = 4
14 36 98 a 14
Ilocne mpuBenenns meromom [aycca
4 6 14 c 4
0 5 15 b = -2
0 0 4 a 6
Haxowner, perienne
¢ 31
10
31 49 3
_ 49 _ 2
3
a 2

IMynkr (¢). Ecau B nynkre (a) 6bUI UCHONIB30BaH CHOCOD OTJIMYHBINA OT MH-
TEPIOJIAIUE, TO TOT IIYHKT MOKET OKA3aThCA HEPEmaeMbIM. Iy mosmHOMOB
7K€ MHTErPUPOBAHKE IPOU3BOAUTCH JOBOJILHO [IPOCTO, YTO LHO3BOJLAET CBECTH Ha-
XOKJIeHWe KBaIPATUIHOTO MPUOIMKEHNST K PEIIeHNI0 JIMHERHON crcTeMbl 3 X 3
anasiormaro nynkty (b). Ilyers h(z,a,b, c) = ax? + bx + ¢, Torna

d 3
de Jo

d

3
(F(2) = bz, a, b, ¢))2dz = /0 (7 ()~ hla,a,b,¢)da

3 3
= / 2h!(z,a,b,c)(h(x,a,b,c) — f(z))dz = / 2(h(z,a,b,¢c) — f(x))dz = 0.
0 0

Awnaymornuno gy b, a mojsydaem

0 :/0 2x(h(xz,a,b,¢c) — f(x))dx :/0 22%(h(z,a,b,c) — f(z))dx

_ 10 1.3
Yuuresag f(r) =3 — 52 + 37° U UHTErPUPYs PABEHCTBA HOJTY4aeM

39 9 c 3
9 81 _ 3
2 9 4 b - 10
81 243
S T 5 a 0
ITocne mpuBenenust
9 3
3 5 9 & 1
9 27 57
0 3 3 40
27 81
O 0 20 a 40



Pewenue:

Y

Puc. 1: f(x) — cunaa xpusas, g(x) — kpacuag, h(z) — 3enenas



3ama4a 3, moamHOMBI JlexxaHapa

Haiitn Muorousen P(x) crenenn n co crapmmm Kodddunmentom 1, 1yst KoTo-

pOTO BEMIHHA
1

/ P(z)*dx
-1

MHHHUMAaJIbHA.

Pemenne

Muorounenst Jlexkanapa

38.,[[3.‘13, 4, METO/, MHOXKUTeJIen JIa.I‘paH}Ka.
MuHUMU3UPOBATH XTYZ MPH YCIAOBUU 2 + y2 +22=1.

Pemienne

Hycts F(x,y,2,\) = xyz — Ma? + y? + 22 — 1). CorsacHo MeToxy MHOWKH-
Teqeit Jlarpamka, eC/u T, %y, z — PENIeHne 33Ja9h, TO OHO yAOBJIeTBOpsieT () =
%F(x,y,z*,)\) = d%F(x,y,z,)\) = d%F(x,y,z,/\), OTCIOZIA TOJIy9aeM CHCTEMY

22 4+y?+2=1

yz —2xA =0

xz—2yA =0

xz—2zA=0
Koumbunupyem 2-3, 3-4, 2-4 u nomygaem = = 0 wrm y2 = 22, y = 0 wm 22 = 22,
z = 0 mmm y? = 2%, u3 wero 3akmogaeM, 910 2 = y? = 22, TakuM 0Opa3zOM
MUHUMYM JOCTUTAETCS TPH & = Yy = 2 = —% b0, €CIU [1Be TePEMEHHBIX

1 1
PaBHBI 3 u OaHa /3

3agada 5, mpocTas

Haiitu mpsMOyTronbHbIil TPEYroabHUK HAUDOBIIEH IIIOMAIN IPU YCIOBUH, YTO
CyMMa JIJIMH KaTeTOB PaBHA €JIUHUIIE.

Pemienne

Ilnomaas TpeyroabHUKa co Kareramu x, 1 —x paBHa (1 — ). Juddepenuupys
1

nojydaeM 1 — 2z, 4to naer x = 3.


https://en.wikipedia.org/wiki/Legendre_polynomials

