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1. Äîêàçàòü ñ ïîìîùüþ òåîðåìû Òàòòà, ÷òî â èçîáðàæåííûõ íà ðèñ.1 ãðàôàõ G1, G2 ñîâåðøåííîå ïàðîñî-
÷åòàíèå îòñóòñòâóåò.

2. Äîêàçàòü ñ ïîìîùüþ òåîðåìû Òàòòà, ÷òî â èçîáðàæåííîì íà ðèñ.2 ãðàôå G ñîâåðøåííîå ïàðîñî÷åòàíèå
îòñóòñòâóåò.

3. Äîêàçàòü, ÷òî k-êóá Qk èìååò ñîâåðøåííîå ïàðîñî÷åòàíèå äëÿ ëþáîãî k ≥ 1.

4. Ïîäñ÷èòàòü êîëè÷åñòâî ñîâåðøåííûõ ïàðîñî÷åòàíèé â êóáå Q3.

5. Ïîäñ÷èòàòü êîëè÷åñòâî ñîâåðøåííûõ ïàðîñî÷åòàíèé â ãðàôå Ïåòåðñåíà.

6. Ïóñòü G åñòü k-ðåãóëÿðíûé ãðàô, ïîñòðîåííûé íà ÷åòíîì êîëè÷åñòâå âåðøèí, îñòàþùèéñÿ ñâÿçíûì ïðè
óäàëåíèè ëþáûõ ðåáåð â êîëè÷åñòâå k − 2 øòóê. Äîêàçàòü, ÷òî â òàêîì ãðàôå ñóùåñòâóåò ñîâåðøåííîå
ïàðîñî÷åòàíèå (òåîðåìà Ïëåñíèêà).

7. Äîêàçàòü, ÷òî â äåðåâå T ñóùåñòâóåò ñîâåðøåííîå ïàðîñî÷åòàíèå M òîãäà è òîëüêî òîãäà, êîãäà äëÿ
ëþáîé âåðøèíû x ∈ V (T ) ñïðàâåäëèâî ðàâåíñòâî codd(T − x) = 1.

8. Íàçîâåì ãðàô G ôàêòîð-êðèòè÷åñêèì, åñëè â íåì íåò ñîâåðøåííîãî ïàðîñî÷åòàíèÿ, íî ïðè óäàëåíèè
ëþáîé âåðøèíû îíî ïîÿâëÿåòñÿ. Èíûìè ñëîâàìè, äëÿ ëþáîé âåðøèíû x â ãðàôå íàéäåòñÿ ïàðîñî÷åòàíèå,
ïîêðûâàþùåå âñå âåðøèíû ãðàôà, êðîìå âûáðàííîé âåðøèíû x. Äîêàçàòü, ÷òî codd(G − S) − |S| < 1
äëÿ ëþáîãî íåïóñòîãî ïîäìíîæåñòâà S âåðøèí ãðàôà G.
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